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The last line of p.148 asserts that “the component of d∗(xσ) which corresponds
to the identity on k is xσ”. This is false, because there could be several surjective
ordinal number maps γ : n→ k such that γ · d = 1k for a fixed ordinal number
monic d : k→ n.

The idea is to show that the kernel of the abelian group homomorphism

Ψ :
⊕
n→k

NAk → An

is zero, by induction on n. The direct sum is indexed on all surjective ordinal
number morphisms σ : n → k. Every such σ has a specific section dσ : k → n,
which is defined by

dσ(i) = max{ j | σ(j) = i }

The we say, for the ordinal number epis σ, τ : n→ k, that σ ≤ τ if dσ(i) ≤ dτ (i)
for all i. Then one sees that σ ≤ τ if τ · dσ = 1k.

Now suppose that (xσ) ∈ ker Ψ, and concentrate on the components xσ
corresponding to epimorphisms σ : n → k, where k < n is fixed. If some
xτ 6= 0, there will be a maximal such τ with respect to the ordering above. But
then the component corresponding to 1k of dτ (xσ) is of the form

∑
σ≥τ xσ = xτ

by the maximality assumption. Thus, Ψdτ (xσ) = 0 and so dτ (xσ) = 0, whence
xτ = 0. This is a contradiction, so that xσ = 0 for all σ : n → k with k < n.
The remaining component is x1n ∈ NAn, and the restriction of Ψ to NAn is
the inclusion NAn ↪→ An.
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